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Abstract
We re-examine a symmetry in nucleon - nucleus scattering that previously
had been proclaimed to be dead. We show that this symmetry is the contin-
uum analog of pseudospin symmetry, a relativistic symmetry which manifests
itself in the spectra of nuclei. Using experimental data only we show that
pseudospin symmetry in nucleon - nucleus scattering is not dead but only
modestly broken for 800 MeV proton scattering on nuclei.
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For nucleons moving in a relativistic mean field with scalar VS and vector potentials VV ,
an SU(2) symmetry exists for the case for which VS = −VV [1]. This symmetry manifests
itself in nuclear spectra as a slightly broken symmetry [2–5] since |VS+VV
VS−VV
| is small for realistic
mean fields [6–9] and QCD sum rules [10], and, in fact, gives rise to what has been called
“pseudospin symmetry”. The original observations that led to the coining of the word
“pseudospin symmetry” were quasi-degeneracies in spherical shell model orbitals with non
- relativistic quantum numbers (nr, ℓ, j = ℓ + 1/2) and (nr − 1, ℓ + 2, j = ℓ + 3/2) where
nr, ℓ, and j are the single-nucleon radial, orbital, and total angular momentum quantum
numbers, respectively [11,12]. This doublet structure is expressed in terms of a “pseudo”
orbital angular momentum ℓ˜ = ℓ + 1, the average of the orbital angular momentum of the
two states in doublet, and “pseudo” spin, s˜ = 1/2. For example, (nrs1/2, (nr − 1)d3/2) will
have ℓ˜ = 1 , (nrp3/2, (nr−1)f5/2) will have ℓ˜ = 2, etc. These doublets are almost degenerate
with respect to pseudospin, since j = ℓ˜ ± s˜ for the two states in the doublet. Pseudospin
“symmetry” was shown to exist in deformed nuclei as well [13,14] and has been used to
explain features of deformed nuclei, including superdeformation [15] and identical bands
[16,17]. However, the origin of pseudospin symmetry remained a mystery and “no deeper
understanding of the origin of these (approximate) degeneracies” existed [18]. The source
of pseudospin symmetry as a broken relativistic symmetry of the Dirac Hamiltonian with
VS ≈ −VV was pointed out [2–5]. For spherical nuclei, pseudo-orbital angular momentum ℓ˜
is also conserved and physically is the “orbital angular momentum” of the lower component
of the Dirac wavefunction.
One consequence of this relativistic SU(2) pseudospin symmetry is that the spatial wave-
function for the lower component of the Dirac wavefunctions will be equal in shape and
magnitude for the two states in the doublet. This has been shown to be approximately valid
for realistic relativistic mean fields [3–5,9]. Recently this approximate equality has been
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applied to predicting relationships between magnetic dipole properties of the nucleus and
between Gamow-Teller decays [19]
For nuclear bound states the scalar and vector relativistic potentials are real. However,
this symmetry exists for complex mean fields as well; that is, for the scattering of nucleons
in the mean field of a nucleus. In fact, proton scattering on nuclei is very well described by
treating the nucleon as a Dirac particle moving in an complex scalar, VS, and vector, VV ,
optical potential with VS ≈ −VV [20,21]. In a paper entitled “Sudden Death of a Symmetry”
[22], the authors used the fact that the Dirac Hamiltonian has a symmetry for VS = −VV
to predict the analyzing power and spin rotation function for proton scattering. Since the
experimental data does not agree with this prediction, they correctly concluded that the
symmetry is broken for nucleon - nucleus scattering. Furthermore, they demonstrated that
the pseudospin symmetry breaking depends on the nucleon energy and may decrease as the
nucleon energy is increased.
In light of the recent success of this broken pseudospin symmetry in explaining the
bound state properties of nuclei, we revisit the application of broken pseudospin symmetry
to nucleon - nucleus scattering. First we discuss the conventional formalism of scattering in
terms of spin. We then discuss the formalism of scattering in terms of pseudospin. Finally
we discuss pseudospin symmetry as a broken symmetry and extract from the experimental
data an empirical estimate of the amount of pseudosymmetry breaking in medium energy
nucleon - nucleus scattering.
The scattering amplitude, f , for the elastic scattering of a nucleon with momentum k on
a spin zero target is given by [23]:
f = A(k, θ) +B(k, θ)~σ · ~n (1)
where ~n is the unit vector perpendicular to the scattering plane and θ is the scattering angle,
~ki · ~kf = k
2cos(θ), (2)
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h¯~ki is the incident momentum, h¯~kf is final momentum, and ~σ are the Pauli spin matrices.
The spin independent scattering amplitude, A, and the spin dependent amplitude, B, can
be expanded in terms of partial waves,
A =
−i
2 k
∑
ℓ
[(S(k)ℓ,ℓ+1/2 − 1) (ℓ+ 1) + (S(k)ℓ,ℓ−1/2 − 1) ℓ] Pℓ(cos(θ)),
B =
1
2 k
∑
ℓ
[S(k)ℓ,ℓ+1/2 − S(k)ℓ,ℓ−1/2) ] P
(1)
ℓ (cos(θ)). (3)
where S(k)ℓ,j is the partial wave scattering amplitude with orbital angular momentum ℓ
and total momentum j, j = ℓ± 1/2, and Pℓ(cos(θ)) and P
(1)
ℓ (cos(θ)) are the Legendre and
associated Legendre polynomial of rank ℓ, respectively.
The differential cross section is given by the total absolute square of the scattering
amplitude average over the spin,
dσ
dΩ
(k, θ) = |A|2 + |B|2. (4)
By measuring the asymmetry in the cross section with respect to the spin, the polarization
can be determined,
P (k, θ) =
B A∗ +B∗ A
|A|2 + |B|2
, (5)
and by measuring the asymmetry in the cross section with respect to the spin in a second
scattering the spin rotation function can be determined,
Q(k, θ) =
i(B A∗ − B∗ A)
|A|2 + |B|2
(6)
Clearly, if the scattering function does not depend on spin, Sℓ,ℓ+1/2 = Sℓ,ℓ−1/2, then B
= 0, and both the polarization, P , and the spin rotation function, Q, will both vanish. In
Figure 1 we show examples of P and Q for 800 MeV proton scattering on 208Pb [24].
As outlined in the Introduction the pseudo-orbital angular momentum related to the
orbital angular momentum as [11,12,2]
4
ℓ˜ = ℓ+ 1, j = ℓ+ 1/2, ℓ˜ = ℓ− 1, j = ℓ− 1/2. (7)
Therefore we define the scattering amplitudes for partial pseudo-orbital angular momentum
as,
S˜ℓ˜,j=ℓ˜−1/2 = Sℓ˜−1,j=ℓ˜−1/2, S˜ℓ˜,j=ℓ˜+1/2 = Sℓ˜+1,j=ℓ˜+1/2. (8)
If we substitute these relations into (3) and use relationships between the Legendre polyno-
mials, we find that the pseudo scattering amplitudes,
A˜ =
−i
2 k
∑
ℓ˜
[(S˜ℓ˜,ℓ˜+1/2 − 1) (ℓ˜+ 1) + (S˜ℓ˜,ℓ˜−1/2 − 1) ℓ˜] Pℓ˜(cos(θ)),
B˜ =
−1
2 p
∑
ℓ˜
[S˜ℓ˜,ℓ˜+1/2 − S˜ℓ˜,ℓ˜−1/2) ] P
(1)
ℓ˜
(cos(θ)). (9)
are related by a unitary transformation,
(
A˜
B˜
)
=
(
cos(θ)
isin(θ)
isin(θ)
cos(θ)
)(
A
B
)
(10)
The polarization and the spin rotation function then become:
P =
B˜ A˜∗ + B˜∗ A˜
|A˜|2 + |B˜|2
,
Q =
sin(2θ)[|A˜|2 − |B˜|2] + icos(2θ)[B˜ A˜∗ − B˜∗ A˜]
|A˜|2 + |B˜|2
. (11)
In the pseudospin symmetry limit S˜ℓ˜,ℓ˜+1/2 = S˜ℓ˜,ℓ˜−1/2 and hence B˜ will vanish in this limit.
Therefore, P = 0, just as in the spin limit, but Q = sin (2θ) [22].
Of course, just as for the nuclear bound states, pseudospin is broken because of the
approximate relation between vector and scalar potentials, VS ≈ −VV . We shall now extract
the amount of pseudospin breaking from the experimental data on the polarization and spin
rotation function [24].
We can write the complex amplitudes as A˜ = |A˜|eiφA˜, B˜ = |B˜|eiφB˜ . In the pseudospin
symmetry limit |B˜|
|A˜|
= 0. Under the assumption that |B˜|
|A˜|
is small, we expand P and Q to
leading order in |B˜|
|A˜|
:
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P ≈ 2
|B˜|
|A˜|
cos(φA˜ − φB˜),
Q ≈ sin(2θ) + 2 cos(2θ)
|B˜|
|A˜|
sin(φA˜ − φB˜). (12)
Therefore we can solve for |B˜|
|A˜|
,
(
|B˜|
|A˜|
)2
=
(
P
2
)2
+
(
Q− sin (2θ)
2 cos (2θ)
)2
(13)
Using the experimental data in Figure 1, we plot in Figure 2 each of the terms in (13) and,
in Figure 3, the total, to give us the ratio
(
|B˜|
|A˜|
)2
. Since |B˜| depends on P
(1)
ℓ˜
( see 9), |B˜|
must go to zero for θ = 0o and θ = 180o. The ratio
(
|B˜|
|A˜|
)2
rises from zero for θ ≈ 3o to
a maximum of 10% for about θ ≈ 15o; the maximum angle for which both P and Q are
measured is θ ≈ 17o. We notice that the second term in (13 ) is very small and the total is
mostly due to
(
P
2
)2
. Therefore, from Figure 1, we can see that the maximum reached for(
|B˜|
|A˜|
)2
is about 12% even out to θ ≈ 32o.
For comparison we do a similar analysis for the spin amplitudes. If we assume |B|
|A|
small
we obtain,
P ≈ 2
|B|
|A|
cos(φA − φB),
Q ≈ 2
|B|
|A|
sin(φA − φB), (14)
from which we solve for
(
|B|
|A|
)2
,
(
|B|
|A|
)2
≈
(
P
2
)2
+
(
Q
2
)2
. (15)
In Figure 2 we plot each of the terms in (15). We notice that the first term is the same as the
first term in pseudospin breaking but the second term is much larger than the second term
for pseudospin, even larger than first term, leading to a spin breaking magnitude
(
|B|
|A|
)2
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of about 22% even within θ ≈ 17o (Figure 3), more than twice the pseudospin breaking
magnitude
(
|B˜|
|A˜|
)2
.
In summary, we have determined directly from the experimental data [24] the pseudospin
breaking for 800 MeV proton scattering from 208Pb. We find that, up to the angles measured
(about a momentum transfer of 2.3 fm−1), the pseudospin symmetry breaking depends on
the scattering angle but reaches a maximum of 10% whereas the spin breaking reaches a
maximum of 22%. Hence, pseudospin has validity for medium energy nucleon scattering.
In the future the energy dependence of pseudospin breaking shall be determined. Hope-
fully more data will be forthcoming for the very low nucleon energies for which pseudospin
symmetry breaking may be much larger [22].
The author would like to thank D. G. Madland for discussions and for a compilation of
the experimental data. This research is supported by the U. S. Department of Energy under
contract W-7405-ENG-36.
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FIGURES
FIG. 1. 800 MeV Proton Scattering on 208Pb versus the scattering angle. The polarization, P,
is the solid line; the spin rotation function, Q, is the dashed line. The lines are a guide to the eye.
FIG. 2.
(
P
2
)2
(solid line),
(
Q
2
)2
(dashed line), and
[
(Q−sin (2θ))
(2 cos (2θ))
]2
(dotted line) versus the
scattering angle. The lines are a guide to the eye.
FIG. 3. The spin breaking
(
|B|
|A|
)2
(solid line) and pseudospin breaking
(
|B˜|
|A˜|
)2
(dashed line)
versus the scattering angle. The lines are a guide to the eye.
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